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1.  Let  us  Investigate  a  rectangular  plate  of 
uniform  thickness  h  ,  with  one  of  the  elastic  symmetry 
planes  parallel  to  the  middle  plane  cf  the  plate,  the 
othez"  two  being  parallel  to  Its  sides. 

The  rectangular  coordinate  system  (  «,  p.  i  )  is  so 

selecLcd  that  the  coordinate  plane  ap  ccincldes  with  the 
median  plane  of  the  plate,  but  the  coordinate  axes  ».  p  , 
ere  in  direction  of  Its  sides. 

The  following  hypotheses  are  assumed  /!/  : 

a)  The  normal  stresses  Sy  on  areas  parallel  to 
the  median  plane  may  be  neglected  as  compared  to  the 
other  stresses. 

b)  The  normal  distance  (7)  between  two  plate  points 
remains  unchanged  after  the  deformation. 

c)  For  tangential  stresses  end  we  have 

■^•7  --  7  (t  ^  t  (x  1*)  ^  (*'P)  (1-1) 

where  9(*tp)  and  (  *,  p  )  are  arbitrary  functions  to  be 
determined  of  coordinates  a,  p. 

These  hypotheses,  as  is  known  /2,3/#  prove  their 
validity.  Seme  inconsistency,  wh3.ch  is  due  to  the  accept¬ 
ance  of  hypothesis  (a),  can  be  justified  In  the  present 
case.  The  fact  is  that  in  omlttlnfe  ^  ve  first  of  all 

commit  only  small  errors  for  the  majority  of  actual  plates, 
since  all  terms  connected  with  have  small  multipliers; 

second  —  omission  of  <*7  does  not  distort  the  qualita¬ 
tive  aspect  of  the  investigated  problems,  and  third  — 
omission  of  substantially  simplifies  problems  of 


stability  and  oeclllatlona  of  anisotropic  plates. 

In  work  A/,  while  Investigating  problems  of  bend¬ 
ing  of  anisotropic  plates,  a  reso?v.lng  system  of  three 
differential  equations  in  three  unknown  functions  Is 
derived:  normal  dislocation  w(», ^  )  and  functlon3 
9(2,1*),  ^(2,;.,.  For  the  accepted  notations  the  system 

has  the  form 


where  Z  -  Intensity  of  the  normal  approximated  surface 
load;  —  known  elasticity  coefficients 

A,V. 

For  setting  up  equations  of  static  and  dynamic 
stability  and  oclllatlons  of  rectangular  anisotropic 
plates,  which  are  Investigated  here,  we  start  with  the 
equation  system  (1.2). 

2.  Ve  derive  the  equation  of  static  stability 
by  substituting  in  (l.2)  for  Z  the  expression  A, 5/ 

where  t9  #  and  S®  --  tangential  forces  per  unit  length 
acting  in  the  median  plane  of  the  plate. 

Substituting  (2.1)  into  i.2)  we  obtain  the  final 
equations  of  stability  of  an  orthotropic  plate 

f®ii W  +  <*«+ 

~i  «44  (^n+  —  0 


i 


t 


-  ^  [«M  (®tt+  ^  ^  .!.  Bn  ^]  -i  4»  --  0  (2.2) 

cont . 

Let  us  Investigate  the  stability  of  a  rectangular  plat© 
supported  along  the  edges,  compressed  in  both  principal 
directions  (Pig.  1).  Assuming  Pj=P,  P,=^XP,  we  obtain 


rj*=  — P.  Tj^r^-XP,  5“--  0  (2.3) 


Of 


TTTTmrr 

w — t 

Pig.  1 

¥e  seek  the  solution  of  system  (2.2)  in  the  form  of  where 


(2.4) 


j  ,1 

9  -  Vo  **n  ---  cos 


nr|j 


^otfo.'i'o- “'unknown  constants.  Using  (2.4)  we  satisfy  the 
requirements  of  hinged  support  around  the  whole  outline 
of  the  plate. 

Substituting  (2.4)  Into  (2.2)  we  get 


r  [ ^  *  (^lt+  2P*,)  ^ j  U'»  —  1  n  «»•  (^45»7r  ■:  )]  9n- 


n*m 

n 


~  (^f>-i-  ^oo)  ,75-  % •-  ^  (2..’' •) 

*V  [<^i«  *  p-]  w*  —  «M  ^  (^«  ^  ^0  — 


mm 


n^m 


[.+ 


««i  ^  T*’  ® 


This  system  has  solutions  different  from  zero  only 
in  cases  when  the  determinant  composed  of  the  coefficients 
u  of  the  system  is  zero.  Equating  the  determinant  of  the  j 


3 


1 


system  (2.5)  to  zero  we  can  find  the  following  expression 
I’cr  the  critical  value  of  force 


(2.8) 


where 


yjyT xii* 7P y  ^ 

Is  the  value  of  critical  force  of  an  analogue  problem, 
assuming  validity  of  Klrchoff's  hypothesis  A/ 


A 


>  r+y  *  *4»  *® 

— — — -- — 3igr — ■  ^ 

“  +  Am^m) *t  -f 

(^i»  •Jr  +  Jr  r  Bu  —  (^i*  +  “SS*] 


B 

-f 
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The  first  term  of  formula  (2.6)  represents  the 
value  of  the  critical  force  of  the  investigated  problem, 
determined  by  the  classic  theory  of  plates,  but  the 
second  on© — its  correction. 

It  should  be  pointed  out  that  the  second  term  of 
the  expression  (2.6),  which  is  conventionally  called 
Its  correction,  in  some  cases  may  be  larger  than  the 
basic  term  determined  by  the  classic  theory. 

When  the  plate  is  compressed  in  ths  main  direction 
only,  the  formula  (2.6)  remains  unchanged,  but  the 
expression 


"m*" 


“T  2(/)u 


V  mV 

/>m)-75r 


(2.») 


must  be  used  for  P*_  instead  of  (2.7)  • 

In  the  special  case  of  a  rectangular  plate  support¬ 
ed  all  around  the  edges,  compressed  in  direction  oL  ,  and 
made  of  transversely  Isotropic  material  (It  being  assumed 
that  the  Isotropy  planes  at  each  point  are  parallel  to 
the  med^^n  plane  of  the  plate  /V  we  get  for  the  critical 
force 


•  (m/c-f 

«ni  =-  4*  “  1  -r  **) 


(2.10) 

j 


k 
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where 


£»• 


«  tfik*  B 

«  =  *  “  W  g  "(Ti: 


(2.11) 


E,  i*  —elasticity  modulus  and  Poissons  ratio  in  the 
Isotropy  plane;  O' — shear  modulus,  characterizing  the 
distortion  of  angles  between  the  directions  in  the  plane 
of  isotropy  and  perpendicular  to  it. 

In  examining  (2.10),  It  is  easy  to  prove  that  the 
value  of  the  critical  force  is  minimal  when  only  one  half 
vave  is  generated  in  the  direction  perpendicular  to  the 
direction  of  compression,  that  is  if  n  s  1  Ve  get 


n*U  (m  'e  +  e/m)> 

o*  T+TiTT 


(2.12) 


Prom  (2.12)  it  may  be  seen  that,  as  in  the  ana- 
logcua  problem  of  the  classical  plate  stability  theory 
A, 5/,  the  minimum  value  of  critical  force  Pqj*  Is  in¬ 
dependent  of  m  end  equals 


Pmn 


•*P  4 

TT  j  4  k)* 


(2.13) 


The  values  of  the  plate  aide  ratio  cae/b  foj^ 
different  m  ,  when  the  critical  force  reaches  its  min¬ 
imum  (2,13)  Qfin  t)e  determined  from  the  formula 


<  =  +*)  (2.U) 

As  n.'.  be  seen  fro  (2.12)  to  (2.14)  the  determined 
values  subs  ..antially  depend  on  the  coefficient  k  ,  or 
cn  the  rati,  of  elasticity  constants  E/G*,  Pnissens  ratio 
and  the  ratio  h/b,  that  is  on  some  relative  normalized 
plate  thickness,  which  depends  not  only  on  the  geometrical 
parameters,  but  also  on  the  physical  properties  of  the 
plate  material. 

In  Table  1  values  of  coefficient  k  and  coordinates 
of  some  characteristic  points  of  curves- =  0(c)  for  = 

0.25  are  given,  xn  the  upper  part  of  the  Table  h/b  •  0.1, 
but  in  the  lower  part  h/b  *  0,2;  c^^  and  f  are  points  of 
Intersection  of  stability  curves. 
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Table  1 


Polats 

m 

-I 

m 

*2 

m 

y  >;■ 

,  1 

*  *  i 

.  1 

t  /m 

1 

1 

• 

»»■ 

! 

c  1 

n  ^ 

.... 

• 

n 

€ 

o 

fl 

c 

n 

! 

0 

0 

1.0 

4.0i> 

1.414 

4.50  1 

1  1 
2.449  4.16?' 

3  464 

1  4  08.1 

2.5 

0.02632 

0.974 

3.796 

1.373 

4.245 

2.38;^. 

3.947 

3.372 

3.873 

5 

0.05264 

0.949 

3.010 

1.332 

4.009 

2.319 

3.745 

3.2S3 

3.677 

fO 

0.1053 

0.900 

3.274 

1.256 

3.593 

2.194 

3.383 

3.110 

i 

3.320 

0 

(1  : 

1.0 

4.0  1 

1.415 

4. DO 

( 

2.449 

4  167 

i 

.3  /,64 

4  (m 

i  & 

O.t05o  , 

0.900  1 

3.274  i 

1.256 

3-59.3 

2.194 

3. 38.3 

3.1  in 

3.329 

'  0  moo 

0.906  1 

2.730  1 

1.113 

2.930 

1.961 

2.799 

12.783 

l2  76.4 

1(1 

0.4211 

O.fCW  1 

1.981  i 

0.857 

i  2.054 

l.r):« 

[2.00'' 

2.192 

1  1  994 

Based  on  data  of  Table  1  stability  curves  for  some  values 
of  parameter  k  are  plotted  in  Pig.  2.  Values  from 

curves  and  Table  for 
lc«-0  correspond  to  V 
solution  of  the  pre¬ 
sent  problem  of  the 
classical  method. 

From  the  examined 
numerical  examples 
ve  sec  that  with  an 
increase  cf  parameter 
k  the  critical  force 
decreases,  as  compared 
with  its  value  obtainet 
by  the  classical  theory  of  plates  (k»  0).  In  addition,  the 
limits  of  every  type  of  stability  narrow  down  with  increase 
of  k  . 

For  the  case  of  an  orthotropic  plate  the  calculation 
of  the  critical  force  per  formula  (2.6;  is  very  cumbersome. 
Table  2  shows  some  results  of  variations  calculated  with 
a  computer  1).  Values  of  the  expression  0{c}  -  !*'  In- l)\i 
for  different  ratios  b/a  and 


^•1  Ht 


kx  -  -• 


h  t 

T  ^  • 


(*1  0.3 


are  given  I'l  the  Table.  Here  i-’i,  pi  and  £».  --elasticity 
moduli  and  Boissons  ratios  along  directions  a  and  ^  , 
respectively. 
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Table  2 


€ 

1 

*4-2 

i 

-  ! 
1 

10 

1 

1  ■ 
i 

i 

12.6193456 

i 

9.1525088 

I  1 

6.2856:^76 

1 

16.9181W0 

0.45 

5.2574384 

4.5388992 

i  .3.7037616 

5.8843716 

o.US 

3. 1438624 

9.8728144 

2.5156152 

3.3569640 

0.85 

2.3224902 

2.1740704 

1.9668884 

2.4.341830 

i.05 

1 .9577536 

1.8552720 

1.7077264 

2.0331295 

1.7985344 

1.7164560 

1.5960576 

1.8581000 

1.45 

1.7495952 

1.677  U24 

1  1.5G95656 

1  8017243 

1.65 

1.7685884 

1.7003800 

1.5981904 

1.817409.5 

1  85 

1.8344560 

1.7673152 

1  1.6G618S4 

1.8822641 

2.05 

1.9357216 

1.8676672 

1,7647040 

i.ci84av« 

2.25 

2.0657552  1 

1.9953648 

1  8885064 

2.1156309 

2.45 

2.2204896  ' 

2.1466720 

2.0343192  1 

1  2.2726873 

c-^1.4820312  <«1. 4829392  c-  1.433£802  e  =  l..*«53488 

<P„,„-lJ4878ii6<I>,„j„-1.6770192<b„,„-.1.5«e3776a)„,^-1.a0W.U 


Calculations  were  made  only  for  m-  1.  According  to 
the  methods  based  on  the  case  for  m«l  the  cases  of  2,3«» 
can  be  determined.  In  the  last  column  of  Table  2  values  of 
1)  The  calculations  were  made  on  an  electronic  computer 
■^ype  M-3  ®t  the  computing  center  of  the  Armenian  SS3R. 

<l>(c)  ,  calculated  according  to  the  classical  theory  of 
plates,  are  ;lven.  The  two  lowest  lines  give  values  of 
c  and  the  corresponding 

3.  In  order  to  obtain^Aquatlons  of  free  oscillations 
of  non  loaded  plates  It  is  necessary  to  assume  for  Z 
A, 6/  in  (1.2) 

g 

The  final  equation  of  free  oscillations  of  the  orthotropic 
plate  can  be  written  in  the  form 


7 


1 


where  -specific  gravity  of  the  plate  material,  g  - 
gravity  acceleration.  The  solution  of  system  (3.1; 
v€  seek  In  the  form 


U  -  -  U'uSlil - l«itl  — I  t'"  lo/ 


ntita 


9 ^  sin  — ^  'y  .  i-4)> 


satisfying  conditions  of  free  support  along  the  whole 
contour  of  the  plate. 

Substituting  (3.2)  Into  (3.1)  we  obtain  e  system 
cf  homogenous  equations  ln“‘-*.  ^  v*..  Equating  its  deter- 
minent  to  zero  we  got  the  frequencies  of  free  oscilla¬ 
tions  from 

(3.3) 

where  d  corresponds  to  (2.8),  and 


^  -f  2  (D||  4-  2£>gf)  4* 


r 


(3.4) 


represents,  properly  speaking.  Its  frequencies,  determin¬ 
ed  eccordlng  to  the  classical  theory  of  plates. 

If  the  plate  Is  made  of  transvcrsaily- isotropic 
material  (see  section  2)  /%/  wa  get  for  the  frequencies  of 
free  oscillations 


^r+  jktm*/c*‘:rs^  '  +  (3.5) 

Table  3  gives  values  of  ratio  «iw»/*>»n.ccrre3pondlng 
to  some  oscillation  tonesiat,  n  *»  1,  2)calculated  according 
to  formula  (3.5)  for  a  square  plate  (ca.1)  with  different 
values  of  parameter  k  . 


Table  3 


*  ! 

1 

1 

• 

<*«/>•> 

*  #  i 

!  1 

1  - 

k 

• 

•0 

* 

to 

0 

0.(22 

1 

0.980a 

1 

0.0S35 

1 

0.0285 

0.15 

0.20 

0.8771 

0.8452 

j 

C.7559  1 

0.7071  i 

0.6742 

0  6202 

0.03 

0.0325 

0.8080 

0.25 

0.8165 

0.6667 

0.5774 

j.m 

0.fl03& 

0.0044 

0.8452 

0.30 

0.7906 

0.&i25 

0  54i’< 

0.07 

0.0306 

0.8607 

.  0.6006 

0.35 

0.7870 

0.60.*i6 

0  si.'^o 

O.iO 

0.0t2f 

0.61165 

0.7454 

0.40 

'  0.7454 

0.5774 

0.4880 

j 
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This  table  shows  that  with  Increase  of  parameter 
k  the  freQuencles  of  Its  oscillations  'tiwn*  vary  more  greatly 
from  the  corresponding  frequencies  atmn  obtained  by  the 
classical  theory  of  plates.  This  difference,  less  pronounced 
at  the  lowest  oscillation  frequency  (co,,)  ,  becomes  more 

substantial  at  the  highest  oscillation  modes  (  Wj,  ,  etc.) 

4.  The  equation  of  dynamic  stability  of  an’ ortho- 
tropic  plate  is  found  when  substituting  in  (1.2)  for  Z  the 
expression  /7/ 


Z  -  TC 


a*  IP 

"da* 


7V 


d*ir 

dji* 


*1- 


9*w 
da  0*^ 


dHe 

r  T*» 


(4.1) 


Substituting  (4.1)  Into  (1.2)  we  can  easily  obtain 
the  final  equations  of  dynamic  stability  of  orthotrcpic 
plates. 

If  the  plate  is  compressed  in  the  main  direction 
»  only  (Pig.  1)  then 

7,^  _/*.  r,--  ('*-2) 

Let  us  assume  that  the  external  force  P  varies 
periodically  in  time 


/*  /‘«cos9#  (4.3) 

where  P  -  amplitude  and  Q  -  frequency  of  external  force. 
Considering  (4.1)  to  (4.3)  the  system  (1-2)  is  written  as 


(^>>7?  +  (®it  +  +  i'»^)t  + 

+  (4.4); 

[(^If  +  4-  (Bn  4-  4- 

4-  aa  4.  4-  ^  a.  0 


We  seek  solution  of  system  (2.3)  in  the  form  of 

w»=»(f)»ui.Stin^ 

9  «  9(1)  cos sin  (4^5)  j 
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where  w(t),  and  ^(t)  — values  of  cunctlons  v,  f  and 

f  In  the  center  of  the  plate.  This  will  satisfy  the  con¬ 
ditions  of  hinged  support  all  around  the  outline  of  the 
plate . 

Substituting  (4.5)  into  (4.4)  we  obtain 


it.  /.V  A*  lOH 

i  «CO8Ww(0  — 


v(0— 


^  r  — >|l  -r  ^  +  B«i  ^)]f  (0  — 


044  llJij  -r 


mji 

'to 


4»(<)  =  o 


(4.6) 


~5r  [ (^1*  2B44)  B44  ^ j  w  (/) - a|4  (Bit  T  B**)  jy  f  (0  — 

^  it)]  ♦  (^)  ~  ® 

The  last  two  equations  of  system  (^»6),  as  may 
be  seen,  do  not  contain  derivatives  with  respect  to  time. 

Excluding  9(t)  and<f»{t)  from  system  (4.6)  with 
respect  to  v(t)  we  obtain  the  differential  equation 


(M 


0 


(4.7) 


where  Vmry*  --  frequency  of  free  oscillations  of  the 
nonloaded  plate  (3*3)  and  critical  value  of  the  com¬ 
pressing  force  (2.9)  (if  the  compressing  force  acts  in 
one  direction only),  respectively. 

Equation  (4,7)  Is  the  well-known  equation  of 
Matthleu.  For  certain  coefficient  relationships  it  has 
Increasingly  unlimited  solutions.  These  solutions  fill 
cut  complete  areas  of  the  parameter  plane,  to  which 
correspond  regions  of  dynamic  instability. 

Let  us  rewrite  equation  (4.7)  as 


i  '  “  2K.n  <  ^0  u-  (I)  0  ( > 


(4,8) 


As  is  known  /?/,  the  boundaries  of  instability 
regions  can  be  approximately  determined  from  the  follow- 
u  Ing  formulas: 


10 


for  tLe  first  or  main  Instability  region,  or 

*■-=»«  |/ 1  y  »i. ,  Kr^Ei; 

for  the  second  instability  region,  or 


{4.10, 


V' 


(4.11) 


for  the  third  Instability  region. 

Here  are  critical  frequencies  of  external 
load,  that  is  external  load  frequencies,  corresponding 
to  the  boundaries  of  instability  regions. 

As  may  be  seen  from  the  above  formulas,  the 
critical  forces,  the  frequencies  and  Instability  region 
boundaries  will  be  substantially  different,  depend  trig 
on  the  number  of  half-waves  (m,n)  in  the  directions  c3L. 

8  nd  ^  . 

Tht  ;  „  will  be  a  further-  examination  of  the  case 
when,  in  both  directions'^^  and only  one  half-wave  will 
be  generated,  that  is  in  ail  the  above  formulas  we  shall 
ta<ce  .  .f  4  <*. 

m  ~  n  ~  1  (4.12) 

and  for  aimpllc’ty  the  Indices  ”  11”  shall  be  omitted. 

Let  us  consider  the  case  when  the  rectangular 
plete,  supported  around  the  outline.  Is  made  of  trans- 
verselly  -  isotropic  material.  As  before,  we  assume 
the  plane  of  Isotropy  at  every  point  to  be  p^^rellel 
with  the  median  plane  of  the  plate. 

Table  4 


I  r?glop 


II  r««io7i 


III  region 


ror  *=0  (X 

lln 


1.00 

1.00 

0.50 

0.5ii 

Vi.33.33 

0.0497 

1.0488 

0.4950 

0.5008 

0.3312 

0.8044 

1.08.^4 

0.4796 

0.5033 

0.3235 

0.8367 

1.1402 

0.4528 

0.5074 

0.3068 

0.7746 

1.1832 

0.412.^ 

0.5132 

0.2734 

0.7071 

■ 

1.22/8 

0.3536 

9.5204 

0.1992 

o..m< 

0.3.116 
0..3272 
U  3203 
0.3120 
0.3U1H 


11 


1 


Qable  4  Cont^ 


I  region 


II  region 


region 


For  *-=0.05  <A. 

litt 


‘/i.> 


u 

U.65:iS 

0.9525 

1  0.4787 

0.1 

0.6m 

1.0045  1 

0.4709 

0.2 

0.8422 

1.11531 

0.4531 

().;» 

0.7804 

1.0996 

0.4216 

0.4 

0.7125 

1.1442 

0.3732 

>  0.6742 

1.1677 

0.3371 

0.4767 

;  0.3178 

'  iJ.3l7rt 

0.4777 

!  0.3j:.:i 

'  0..-UGW 

0.48»6 

I 

o.4fer):i 

1  0.2852  j 

j 

0.4919  j 

i  0.2397 

I  O.'l'X'.H 

0.49<i2  i 

1  0.1S99 

i  i‘.L87h 

0 

0...  211 

0.9129 

<t.l 

o.H,'.ai 

0.9661 

0.2 

0.79M 

1.0165 

0.3 

0.7.«« 

1.0645 

0.4 

U.6:>83 

1.1105 

^llm 

0  6157 

1.1180 

o.Hirc 

0.8452 

".1  1 

o.;h.,8 

0.1K124 

1.2  i 

0. « 1  i  1 

(».»:*U2 

.3 

0.64  16 

l.U>71 

^  lin 

0.5916 

1 

i.<v:i5i 

(1  1 

0  79mi  j 

0.7906 

0  1  ' 

''.72i6  1 

o.h:.i:> 

0  2  j 

0  tMia 

0,'JKI 

0,5701  j 

0.9618 

*Uni 

j 

O.IKJJC 

For  <t-=0.iO^>  */k) 

iin 

1  0. 4564 

1  0  45C4 

!  0.4498 

0.4575 

0.4293 

0.4608 

0.3929 

0.4667 

0.3352 

0,4736 

0.3078 

0.4751 

For  k  -0,20  (X  *— 
llm 

i  0.4228 

1  0.422G 

i  0.4142 

i  0,4240 

U.388*> 

i  0.4281 

1  0.3400 

0.4.J4S 

1  0.2968  1 

i  0. 4398 

For*  o.3u(7.  *  V».) 

.  0.39:21  ! 

0.3!»:«3 

'  o.mv* 

0  ;.<!(TO 

o.l'..’>25 

<•,4020 

u.2?«i{ 

0  4102 

1  <‘.2795  i 

<‘.111  i 

J  0  304.3 
i  o.:}oi4 

0.3043 

1  0..3t!21 

1  0.2;<'j5 

i  o.2!H54 

i  0.2644 

i  o.;>8i 

1  0.2010 

I 

1  0.1319 

j  0.27.55 

1  0,2817 

0.2817 

i  0.27.40 

0.2790 

!  0,26.30 

0.2721 

j  0.2225 

0.262if 

0.2.5.31 

j  0  26  ;5  1 

1  0.26.35 

'  <•  2589 

j  0. 21)0.3 

0.2:, 21 

1  <.'.};45 

0.2-10.3 

’  o.i:>:.3 

0.2386 

The  regions  of  dynsiaic  instability  ’•*^111  be  de¬ 
termined  per  formulas  (4.9)  to  (4.11),  the  inlices  ”jan'' 
being  omitted.  -  > 

Let  U3  examine  a  square  plate  (  b  s  a).  In 
order  to  compare  the  results  obtained  for  the  instability 
regions  vith  tne  respective  results  obtained  by  the 
classical  theory  of  plates,  --  formulas  (4.9)  to  (4.11) 

--  taking  (4.12)  into  considerntlon  --  are  presented 
in  the  foll.^lng  form 


c 
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1 


^  for  the  first  (aialn)  Instability  region,  or 

■I  I  /rra  +  ^  tK5^.--2('  !-  2*)(n’0.U) 


for  the  second  Instability  region,  or 

JL  _  *  i/“'i  9(t+a*)(X‘>* 

2«*  3  r  1  +  2*  ^±d(l  +  2k)  i* 


(4.15) 


for  the  third  Instability  region. 

Prcttr  (4.8)  we  draw  the  conclusion  that  X<Vi; 

and  therefore  for  the  limit  value  of  we  have 

2<1  +  2*)  (416) 

Table  4  gives  values 
of  ©°  /  2w®  dependent 
on  ,  calculated 
according  to  formulas 
(4.13)  to  (4.15)  for 
different  values  of 
parameter  k  . 

As  Illustration  Fig.  3 
shows  regions  of  in¬ 
stability  for  k«0  and 
k-o.2. 


Pig.  3 

In  examining  Pig.  3  and  the  above  Tables  we  see  that  with 
increase  of  the  coefficient  k  the  Instability  regions 
calculated  according  to  (4.13)  to  (4.15)  *1*®  different 
from  those  calculated  according  to  the  classical  theory 
of  plates  (k-O),  this  difference  being  a  decrease  of  ©o/ 

2wO  of  the  Interval  of  parameter 

Analogous  calculations  for  ortho tropic  square 
plates  (b®a)  were  made  on  an  electronic  computer  type 
M-3  at  the  c'^putlng  center  of  the  Acad.  Scl.  Armenian 
SSR. 

Three  variations  of  these  calculations  are  given 
in  Table  5,  showing  ©o  /  ^w®  for  different  values  of 
^  parameter  k 
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Table  5  ^ 


■  X* 

1 

1  region  | 

[ 

j  11  region 

ill 

region 

For*i«10.  *,=2  (X  *=*0,4840484) 

Hat 

0 

0.10 

0.20 

0.30 

0.40 

0.9839190 

0.9317170 

0.8764112 

0.8173718 

0.7537218 

0.9839190 

1.0334876 

1.0807852 

1.1280980 

1.1696566 

0.4919585 

0.4868820 

0.4704645 

0.4422004 

0.3902340 

0.4919595 

0.492S336 

0.4954466 

0.4997713 

0.5057637 

0.32797.30 

0.3257381 

0.31754% 

0.29%4.H 

0.2626090 

0.3279730 

0.32C2047 

0..32I5206 

0.3145625 

0.:;057170 

X  * 

11m 

0.6957358 

1.2050498 

,0.3478879 

0.5120477 

0.196U013 

0  2969922 

*.=*,=5  (X  •:^.0.454a373) 

lltB 


0 

0.9532442 

0.9532442 

0.4766221 

0.4766221 

1  0.3177480 

0.. 3177480 

0.10 

0.891.- .32 

1.0043278 

0.4706143 

0.4775832 

j  0.3152678 

0  3158160 

.  0.20 

0.8418280 

1.0528360 

0.4529443 

0.4804549 

1  0.. 3060235 

0.;.  107304 

0.30 

0.7801758 

1.0993972 

0.4214806 

0.4852034 

0.2850747 

0.3032098 

0.40 

0.7132142 

1.1439730 

0.3729991 

0.4917743 

0.2394993 

0.2936726 

'  ^lla 

0  6740454 

1.1674810 

0.3370227  j 

1  0.4960840 

0.1898907 

0.2877331 

*1-2.1 

„=.o 

0.3949343) 

0 

0.8887454 

0.88874!>4  I 

0.4443727  I 

0.44-.5T27  i 

0.2ii62485  1 

0.2962485 

0.10  j 

0.8305832  1 

0.9433284 

0.4371921  ! 

0.4455582  1 

0.29.Ut73  ! 

0.2939(»12 

0.20 

0.7680290 

0.9949214 

0.4149053 

0.4490969  ! 

0.2809120 

0.287K131 

0.30 

0.6999060 

1.0439676  1 

0.3748275  i 

0.4549.311  1 

Q.2C<i7m  1 

0.2788981 

0.6284378 

1.0684864 

0.3142159 

0.4625178 

0.1770423  ' 

i  C. 2682044 

Nctationa  used  in  these  Tables  are 


4.  _  /  i  m _ 


Aj  —  a^Ei 


where  * /*  "i  ^2  ^^2  — moduli  and 
Poissons  ratios  in  directions and ^  ,  respectively; 
*^12  *  ®66’ 

Calculations  were  made  for>f  «  0.3,  h/aaO.l. 
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